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PE CUONG ON TAP HE 2016 MON TOAN- LGP 12

( Danh cho Gido vién va hoc sinh )

PHAN I : BAI TAP GIAI TiCH
§1: TINH DON PIEU CUA HAM SO

Bai 1: Xét sy bién thién cta cdc ham s6 :

1) y=2x"+3x2 +1 11) y=-%x3+6x2—9x—§
2) y=x'-2x*+x+1 12) y:-l——2x
x+1
3 2
3} =i 18y g &
X
4) y=x-2 14) y=~
X x +1
5) y=x* =242 45 15) y:iil‘_
x—.
6) y=v4-x* 16) y:%x4+x3—3x2+l
-8x+9 24+3x+3
i s 17) y=212¥72
x=5 x+1

4 2
8) y=+/x"-2x+3 18) y=x—+y
X
9) y=%x3—2x2+4x—5

10) y=+2x-x

Bai 2: Chiing minh rang cdc ham s6 sau day déng bién trén R:
1) f(x)=x-6x*+17x+4

2) f(x)=x+vx2+1

3) y=5x-3sinx+4cosx

4) y=x+cosx

5) y=x"+x-cosx-4
Bai 3: Chiing minh ring:
x—2
X+2
—x* -=2x43

1) Ham s6 y = 14 dong bién trén méi khoang xac dinh cia nd.

2)Ham s6 y = la nghich bién trén moéi khoang xdc dinh ctia né.

Bai 4: Tuy theo gid tri ciia m hiy khao sat su bién thién clia cdc ham sd6:
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| 9
1) y= 5(1312 —4)x2 —(3m—6)x+5

2) y=mx’ =3(m-Dx* +3(m—-2)x+1
Bai 5:

1) Véi gid tri nao ctia a thi hdm s6 y = ax - x* nghich bién trén R,
2) Tim céc gi4 tri ca tham s6 a dé ham s6 y=%x3+ax2 +4x+3 dong bién
trén R.

3) Tim m dé ham s6 y = 7 =%)

luon nghich bién trén méi khoang xd ctia n6

X—m
4) Tim m d€ ham s6 y = (m-3) x - (2m+1) cos x luén nghich bién trén médi
khoang xdc dinh clia né.
B ax® +6x-2

5)Tim a dé€ ham s6 y = — nghich bién trén [1; + 0]
x+

Bai 6: Cho 0 < x < g Chiing minh ring;
1) tan X > x
2) sin X + tan X > 2x

Bai 7:
1) Tim cdc nghiém am ctia phuong trinh: x%-2x°-3 =0

2) Tim cdc cap s6 (x; y) véi x € [——g;gj; ye (—%%) va thoa mén hé pt:

tanx—tany=y—x
2x+7y=3x

3) Gidi PT: V4x—1++/4x*-1=1
Bai 8: (DHBK - HN - 94): CMR: Néux +y =1 thi x*+y*>
Bai 9: (DHSP II - 98) CMR: Trong moi AABC nhon ta déu cé:

%(sinA+sinB+sinC)+-31—(tanA+tanB+tan C)>n

oo | —

Bai 10: (ODH Ngoai Thuong 99): Giai phuong trinh
\/3—x+x2 —\/2+x~x2 =]
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§2: CUC TRI CUA HAM SO

Bai 1: Ap dung quy tac 1, tim céc diém cuc tri ctia cdc ham s6 sau:

1) y=2x"+3x*-36x-10 6)y:-§-x3+2x2+3x--1
4 9 x5 x3
) y=x +2x" -3 7)y=—5——?+2
_ l 4 3 2
3))’—x+x 8) y=x +4x —2x"—12x
1* ~Fra] X —3x+3
4) y= 9) y=

X
5) y=x"(1-x)° 10) ¥ = V8—x?

Bai 2: Ap dung quy téc 2, tim c4c diém cuc tri clia cdc ham s6 sau:

1) p=x*-2x* +1 4) y=x—-sin2x+2
2) y=xvd-x? 5) y=3—2c0s x—cos2x
3) y=sin2x—x

Bai 3:

l) Xét ham s6 f(x) = ax® + bx® + cx + d. Tim a, b, ¢, d, sao cho ham s6 f dat
cuc tiéu tai diém x = 0; f(O) 0 va dat cuc dai tai diém x = 1 f(l) =15
2) X4c dinh cdc hé s6 a, b, ¢, sao cho ham s& f(x) =x+ ax* + bx + ¢ dat cuc tri
bing 0 tai diém x =-2 va dé thi cia ham s6 di qua diém A (1; 0).
x> —m(m+1Dx+m’ +1
xX—m

3) Chitng minh rang: V6i moi gid tri clliam, haim s6 V =
ludn c6 cuc dai va cuc tiéu.
Bai 4:
1) Vé6i gid tri nao cta a thi ham s6 f(x) = sin 3x + asinx dat cuc tri tai diém
x= g? Hay cho biét tai diém d6 ham s6 dat cuc dai hay cuc tiéu?
2) Tim m dé ham s6 y = mx® + 3x* + 5x + 2 dat cuc trj tai x = 2.
oo 1 2 1
Bai5: Cho ham s6 Y :gmzf —(m—l)x +3(m—2)x+§

1) Tim m dé: a/ Ham s6 c6 cuc tri.
b/ Ham s6 ¢6 cuc dai, cuc tiéu tai x,, X, thoa man: x; + 2x, = 1
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¢/ Ham s6 ¢6 cuc dai, cuc tiéu tai diém c6 hoanh do duong
d/ Ham s6 c6 cuc dai, cuc tiéu va Xy < Xop
e/ Ham s6 dat cuc dai tai x =0
2) Tim m dé ham s6 ¢6 cuc dai, cuc tiéu va viét pt dudng thang di qua di€ém
cuc dai, cuc tiéu ctia dé thi.
Bdi6: Chohamso y=x"+(m+1)x’+1
1) Tim m dé ham s6 c6 cuc dai, cuc tiéu
2) Viét pt dudng cong di qua céc diém cuc tri ciia d6 thi ham s6.
x*+mx-2

Bai 7: Cho ham s6 ¥ =———. X4c dinh m dé:
— mx—1 *

1) Ham s6 ¢6 cuc tri

2) Ham s6 c6 cuc dai, cuc tiéu véi hoanh do thoa méan: x, + X, = 4X,X,

3) Ham s6 ¢6 cuc dai, cuc tiéu véi hoanh do duong
Bai 8: (DHBK - Ha Noi - A - 2000)

Xdc dinh c4c gid tri cia m dé ham s8' y = f(x) = mx® + 3mx”* - (m - 1)x- 1

khong cé cuc tri.
Bai 9: (DHCSND - A - 2000)
: 3 ;

Xéc dinh m dé ham s6 V = Exd' —mx® + 5 ¢6 cuc tieu ma khong c6 cuc dai.
Bai 10: (PHAN - A - 1999)

Xéc dinh tat c4 c4c gid tri clia tham s8 m dé diém cuc dai va cyc ti€u clia do

x> +mx—m+8

thi ham s6 ¥ = 1 & v€ 2 phia clia dudng thing 9x -7y -1=0

Bai 11 : Tim m dé ham sé :
1)y=x-3mx’ +(m-1)x+2 dat cuc ticu tai x =2..

2)y x——w dat cuc dai tai x = 2.
xX+m
Bai 12 : Cho ham s6: y=x"—3mx’+4m’.
1)Viét PT duong thang di qua cac diém cyc tri cia ham s6.
2) Tim m & ham s c6 cuc dai ,cuc tidu va cac didm cuc dai ,cuc tiéu dbi xing

nhau qua dudng thing y = x.

Bai 13 : (HVOHOT’—— 97) ) )
Cho ham s : y=x*-24mx* +2m+m". Tim m dé ham s6 c6 cyc dai ,cuc
tiéu 1ap thanh ba dinh cta tam giac déu .

x2 — 2mx + 3m*

Bai 14 : Chohamso V=
—_ x—2m
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1) Viét PT duong thang di qua céc dlem cye tri ciia ham s0.
2) Tim m dé ham sb co cuc dai ,cuc tiéu nim vé hai phia ctia truc Ox.

X =(m+Dx—m?+4m—-2

x—1

Bai15: Chohamso V=

1) Tim m dé ham sé co cuc tri .
2) Timm dé ham sb co Yen-Ver NhO nhit .

Bai 16 : (Khoi A -2012 Cho ham s6 y =x* ~2(m +1) x> + m

Tim m dé ham s6 c¢6 ba diém cuc tri tao thanh ba dinh cua mét tam giac vudng cén.
Bai 17 : (Kho: B-2013)
Cho ham s : P 2x =3(m+1)x* +6mx.

Tim m d& ham sb ¢6 hai diém cuc dai ,cuc tiéu A ,B va dudng thang AB vudng
goc v6i duong thing y=x+2.
Bai 18:(Khoi D- 2012)

Cho ham s : ¥ =§x3 —mx® —2(3m* ~I)x+§

Tim m dé ham s ¢6 hai diém cuc tri x,x, sa0 cho :x.x, +2(x, +x,) =1.

Bai 19 : (Kh01 B -2012)
Cho ham sb : y = 2x =3mx* +3m’.

Tim m dé ham s c6 hai diém cuc dai ,cuc tiéu A ,B sao cho tam giac OAB ¢6
dién tich bing 48.

§3: GIA TRI LON NHAT - GIA TRI NHO NHAT CUA HAM SG
Bai 1: Tim GTLN, GTNN clia cdc ham s6 sau:
Df(x)=x*+2x-5 trén doan [-2; 3]

3
2) f(x)= x?+ 2x*+3x-4  trén doan [- 4; 0]

1
N fx)=x+ L tén khoang (0; + o)

4) f(x) =-x*+2x +4 trén doan [2; 4]

2
4
5) f(x) = %—L trén doan [0; 1]
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1
6) f(x) = x— > trén ntra khoang ( 0; 2]

7) f(x) =x* + 3x> + 18x  trén nita khoang [0; + o)
8) f(x) = 2x + Vx? +1
9 f(x)=x"-3x+1 trén doan [0; 3]
10) f(x) = x + V222
Bai 2: Tim GTLN, GTNN cua cic ham so:

1) y = 2sin*x + 2sin x - 1 4) y = sin*x + cos*x
2) y = cos”2X - sinx.cosx + 4 5) y = sin®®x + cos?’x
sin x
Y= vixe [0;7]  6) y=cos?2x +2(sinx + cosx)? -3sin2x +1

Bai 3: (DHKT Ha Noi - 1998)

2cos’x+ | cos x| +1

Tim GTLN, GTNN ctia biéu thic: 4=
|cosx|+1

Bai 4: Cho ham s6 y = x> - 3x

1) Khéo sét su bién thién va tim cdc diém cuc tri clia him s6.
2) Tim GTLN, GTNN ctia ham s6 y = —sin3x —3sin’ x
Bai 5: Gia st x, y thay d6i thbaminx > 0; y>0vax +y = 1.

Hiy tim GTLN, GTNN ctia biéu thtc:

X y X ¥y
) Vl=x Lfl=p ) y+1 x+1
12
Bai 6: Goi x,; X, 1 cdc nghiém ctia pt: 12x° —6mx+m’ —4+—=0,
m

Tim m sao cho: S =x13 +x; dat GTLN, GTNN.
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x+y=2a-1
Bai 7: Gia st (x; y) 12 nghiém clia hé {xz +y =’ +2a-3
Timadé P=x.y nhdnhat.
Bai 8 Tim m dé bt phuong trinh 72X —\x—3 < m+1 ¢ nghiem?
Bai9: Tim tat ca cc gid tri clia m dé bat phuong trinh:
mx*-4x+m=>0 nghiém ding véi moi x.

Bai 10: Cho ham s6 f(x) =- x* + 3mx - 2. Tim t4t ca céc gi4 tri clia m dé bt

]
phuong trinh f(x) = ;3“ dugc thdéa méan Vx > 1.

§4: CAC PUONG TIEM CAN CUA PO THI HAM SO

Bai 1: Tim cdc dudng tiém can cha dé thi cdc ham s6 sau:

_ _x2—3x+4
h y—3x+2 WHFE 2x+1
—2x—-2 s
2) V= 3 S)y“xz__l
4o e
) y=xT x-3 2R X +1
Bai 2: Tim cdc duodng tiém cén ctia d6 thi cdc ham s6 sau:
2x— X +x+1
) y==>73 +x-3 SY="a
x*+2 xt+x+1
DY o 0 V=52 o543

3) y=vx’-1 7) y=2x+x" -1
4) y=x+x*+1 8) y=+/x"+x+1

2
i ax“+(2a+Dx+a+3 L. "
Bai 3: Chohamso y= ( x+2) véia#-1vaa#£0.

CMR: Tiém can xién cta do thi ham s6 luon di qua 1 diém co dinh.
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(m—l)(x2 —2x)+m+4

mx +m
CMR: D0 thi ham s6 ¢6 mot dudng tiém cén c6 dinh, con dudng tiém can

Bai 4: Cho ham s¢ y = véim;ﬁ-%;m;é()

hai Ju6n di qua mét diém c6 dinh.
Bai 5: Tim cdc dudng tiém cin clia d6 thi hAm s6 y = x+ Vx> +x+1
X

Bai 6: Tim cdc duong tiém cén clia d6 thi haim s6 V = F————
' ' Vxt +x+1
‘e 4 i .. o m adh i . x+1
Bai 7: Tim cdc duong tiém can chia d6 thi him s6 y = x. i
x_

x2 +mx—1

Bai 9: Cho hAm s6 y = . Tim m d€ tiém can xién ctia ham s6 tao

x—1
v6i céc truc toa do tam gidc c6 dién tich bing 18.

§5: DIEM UON CUA PO THI HAM SO

Bai 1: Chohams6 y=ax’+bx*+cx+d (a# 0)
1) CMR: D6 thi ham s6 nhan diém u6n I [am tam déi xting
2) CMR:Tiép tuyén tai diém uén cta dé thi him s6 c6 hé s6 nhd nhit néu
a> (0 va hé s6 géc 16n nhat néu a < 0 trong céc ti€p tuyén chia dd thi.
3) CMR: Néu d6 thi ham s& cit truc hoanh tai 3 diém céch déu nhau thi diém
uén nam trén truc hoanh.

ax+b
Bai 2: Cho ham s6; V=
S cx +d

1) CMR: D6 thi nhan giao diém ca 2 dudng tiém can 1am tam d6i xiing.

2) CMR: Khong c6 bat cit ti€p tuyén nao ctia d6 thi ham sé di qua L.

ax* +bx+c
dx+e

Bai 3: CMR: D6 thi ham s6 Y = nhéan giao diém I ctia 2 dudng tiém

can lam tam doéi xing.
Bai 4: Tim a, b dé :
1) d6 thi chia ham s6 y = x? - ax* + x + b nhan diém (1;1) 1 diém uén.
2) d6 thi ham s6 y = ax’ + bx* + x+1 nhan I( 1; - 2) 1am diém uén cta dé thi .
Bai 5: Tim a dé€ d6 thi cla ham s6y = x* - ax*> + 3
a) C6 2 diém uén
b) Khong c6 diém uén
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x+1
Bai 6: CMR duong cong Y = BT ¢6 3 diém u6n cing ndm trén mot dudng

thang. Viét phuong trinh dudng thing di qua céc diém uon.
x* = 2mx +3m*

Bai 7. Choham s6 y =
xX—2m

1) Khéo sdt su bién thién va tim c4c diém cuc tri ctia him s6 khi m = 2

2) Tim m dé d6 thi ham s6 nhan diém I (1;1) 1am tam d6i xtng.
Bai 8: CMR: D6 thi ham s6 sau ¢6 3 diém u6n thang hang.

x—1 2x +1

L %~ 252 2)y_x"'+x+1

Bai 9: Tim diém u6n cia d6 thi cic ham s6 sau:

Dy=x>- 9x*+2x -3 4)y =v1+x°
. ) x*=2x+3
2)y=2x"- 6x°+5 S) V=—""
3y =38x"- 5% 3% -2
Bai 10: CMR Céc diém uéh clia d6 thi him s6 y = xsinx nim trén dudng cong
(C) c6 phuong trinh: y? (4 + x%) = 4x>.

x—1

§6: KHAO SAT VA VE PO THI HAM SO

Bii 1: Cho hamsé:y=x>+3x>—4

a) Khao sat va v& d6 thi clia ham s6 .

b) Viét phuong trinh ti€p tuyén clia d6 thi tai diém udn.

¢) Chiing minh ring diém uén 1a tim d6i xdng cta d6 thi
Bai2: a) Khao sat va v& do thi ctia ham s6: y = - x° + 3x* - 1

b) Tuy theo cdc gid tri cua m, hdy bién luan s6 nghiém cta phuong

trinh:
-x>+3x*-1=m,
Bai 3: Khao sdt va vé do thi cia him s& sau:
1 5

a)y=§x3—x2—3x—§ b)y=-x"-3x+1

c) y:—%x3+x2—2x—§ d)y=x*-3x*+3x+1
e)y=x*-3x+2 Hy=-x*-2x2+1
g)y=—§+3x2+§ h) y=x*+x*+2

e ’ ~ o~ A . 7 4 ~ e 2
ai 4: a) Khao st va v& dd thi clia cdc ham s6: y = - x* + 2x* - 2
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b) Ty theo céc gia tri ciia m, hdy bién luan s6 nghiém ctia phuong trinh;
-x*+2x*-2=m
c) Viét phuong trinh ti€p tuyén tai cdc diém uén ctia d6 thi.
: a) Khdo sdt va v& d6 thi chia ham s6: y = x* - 3x% + 1
b)Tuy theo cdc gid tri clia m, hiy bién luan s6 nghiém clia phuong trinh:
X’ -3x*+m+2=0
Choham s6 y = (x + 1)(x* + 2mx + m + 2)
a) Tim m d€ d6 thi ham s6 cit truc Ox tai 3 diém phan biét .
b) Khao sét va v& dé thi cia hAm s6 véim = - 1.
Cho ham s6 y =x* — (m+1)x* + m
a) Khao sdt va vé dé thi véi m = 2.
b) CMR : d6 thi ctia ham s6 da cho luén di qua 2 diém c6 dinh véi moi m.
Cho ham s6; y = x* - 2mx* + 2m
a) Tim céc gid tri cia m sao cho ham s6 ¢é ba cuc tri

o]
for
[
Ln

=
=
=)

we]
E
<

&=
ot
o0

|

b) Khéo sit va vé& dé thi ctia ham s6 véi m = %
c)Viét phuong trinh tiép tuyén chia d6 thi tai hai diém uén
x—2
2x+1
b)Chiing minh réng giao diém I clia hai dudng tiém can ctia do thi 1a tam
déi xing ciia né.
Bai 10: Khao sit va v& d6 thi clia ham s6 sau:

Bai 9: a) Khao sét va v& dé thi clia ham s6: y =

x+1 2x+1
= b =
)y x—1 ) 1-3x
0 =x2—3x+6 d) :2x2—x+1
x-1 l-x
x—2 X+2
L dat—w Dy=y=1173
2x*+5x+4

Bai 11: a) Khao sét va vé d6 thi clia ham s6: y = )

b) Chiing minh ring giao diém I clia hai dudng tiém can cta dé thi la tim
d6i xung cta do thi.
c)Tuy theo cdc gia tri cia m, hdy bién luan s6 nghiém cta phuong trinh:
2x* +5x+4

={)
x+2 T

x+2
Bai 12: a) Khdo sat sy bién thién va v& dé thi (H) clia ham s6: ¥ = g1

b) CMR: dudng thang y = mx + m - 1 luén di qua mot di€ém c6 dinh clia
10
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dLr(‘mg cong (H) khi m bién thién.
¢)Tim céc gid tri cia m sao cho du‘cmg thang di cho cat duong cong (H)
tai hai diém thuoc cung mot nhanh cta (H).
ax® — bx

Bai 13: Chohamsé V= 1

a) Tim a va b biét rang d6 thi (C) clia ham s6 da cho di qua diém A
(—l;gJ va tiép tuyén cua (C) tai diém O (0;0) c6 hé s6 géc bing -3

b)Khao sat sy bién thién va v& d6 thi cia ham s6 v6i cic gid tri cilaa va b
da tim duogc.
e ’ il o L s , 2xt —x+1
Bai 14: a) Khao sdt su bién thién va vé dé thi clia ham s6: ¥ = ~1
b) Véi cdc gid tri ndo clia m dudng thang y = m - x cét d6 thi cia him s6
da cho tai hai diém phan biét?
c¢) Goi A va B 1a hai giao diém dé. Tim tap hop cic trung di€ém M cla

doan thang AB khi m bién thién.

2
Bai 15: Chiing minh réng cdc d6 thi ctia hai ham sé f(x) = %+%x va g(x) = 3:2
X
tiép xuc véi nhau. Xdc dinh tiép di€ém ctia hai dudng cong trén v viét phuong
trinh tiép tuyén chung cia ching tai diém dé.
11
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PHAN II : BAI TAP HINH HQC 12

I- HINH KHOI DA DIEN VA THE TICH

Bai 1:

a. Hy chia mot khoi tit dién thanh hai khoi tir dién

b. Hay chia mot khéi tt dién thanh bén khéi i dién biang hai mat phéng.

Bai 2: Hay chia mot khoi hop thanh nam khoi ti dién

Bai 3: Cho ba dudng théng doi mot song song nhung khong déng phang a, b, ¢
trén a, b, ¢ 1an luot 14y cdc doan AA', BB, CC thda min AA' < BB < CC. Hay chia
hinh da dien ABCA'B.C thanh mot chép va mét hinh lang tru.

Bai 4: Néu céc canh clia khéi t dién déu c6 trong tam clia cdc mat ciia n6 la
céc dinh ctia mot khéi ti dién déu

Bai 5: Néu cdc canh clia khéi tit dién tang lén k l4n thi thé tich cla né ting
1én bao nhiéu lan.

Bai 6: Ba kich thuéc ctia khoi hop tang 1én k 1an thi thé tich clia nd tang 1én
bao nhiéu lan.

Bai 7: Cho hinh chép tir gidc déu S.ABCD canh ddy bang a canh bén bang
2a,

a. Tinh thé tich cta khoéi chép

b. Tinh dién tich xung quang (S,, = téng dién tich mat bén)

Bai 8: Cho hinh chép tam gidc déu SABC. Canh day biang 2a goc gilta mat
bén va mat ddy bang 60°.

Hay tinh thé tich ctia khoi chop.

Bii 9; Cho khéi tit dién déu ABCD va M 1a diém trong ctia né. Chiing minh
ring t8ng khodng cdch tir M dén céc mat cla khoi t dién khong phu thude vao vi
tri cia M bén trong khdi tif dién do.

Bai 10: Cho hinh chép S.ABCD. bdy ABCD la hinh vudng canh bén SA
1(ABC); SA=a

1. CMR: SAC, SBC la cdc tam gidc vuong bing nhau

2. Tinh dién tich tam gidc SAC; thé tich kh6i tit di¢n SBCD.

Bai 11: Cho hinh chép déu SABCD c¢6 canh ddy AB = a va goc SAB = e . Hay
tinh thé tich ctia kh6i chép theo a va « .

Bai 12: Cho hinh lap phuong ABCD.ABCD-. I la trung diém BC. Tinh thé
tich khoi lap phuong biét Al =17.

Bai 13: Cho lang tru tam gidc ABC.CBC. Ddy ABC 1 tam gidc déu canh a
gbe gifta canh bén va mat ddy bang 30°. Hinh chiéu H cla A 1én mat (ABC) trung
vé6i trung diém ctia BC.

a. Tinh thé tich cla khéi lang tru.

b. Tinh dién tich mat trén BCCB
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Bai 14: Cho lang tru tam gidc ABC.ABC c6 ddy ABC la tam gidc déu canh
a vd diém A’ cdch déu cdc diém ABC. Canh bén AA" tao vdi déy géc 60°

a. Tinh thé tich ctia khéi lang tru

b. Chitng minh mat bén BCCB' 1a m6t hinh chir nhét.

c. Tinh téng dién tich cdc mat bén cla khdi lang tru.

Bai 15: Cho chép cut tam gidc déu ABC.A'BC canh ddy 16n 2a canh ddy
nho 13 a géc giita dudng cao véi mat bén 1a 30°

a. Tinh téng dién tich c4c mat cta hinh chép cut.

b. Tinh thé tich khéi chép cut.

Bai 16: Mot khéi chép cut ot gidc déu canh ddy 16n 14 a canh ddy nho 1a b (a
> b). Tinh thé tich ctia khéi chép cut biét dién tich xung quang ctia hinh chép cut
bang téng dién tich cla hai ddy.

Bai 17: Cho hinh chép S.ABCD. Day 1a mot nura luc glac déu ABCD noi tié€p
dudng kinh AB, mit chéo SAC 1 tam gidc vuong can tai S v6i SA = SC = a va mat
(SAC) L(ABC). Hiy tinh thé tich ctia kh6i chép theo a.

Bai 18: Sx, Sy, Sz la ba tia khong dong phéang. Trén Sx lay AA (khic S),
trén Sy 14y B, B’ (khdc S), trén Sz 1y C, C (khéc S). Goi V Ia thé tich khéi tt dién
S.ABC. V' 1a thé tich khdi t& dién SABC

MR, Lo A B8 pC

V. 84 SB SC

Bai 19: Cho chop S.ABC.G la trong tam ASA4B

1. Dung thiét dien MNP qua G va song song véi (ABC)

Vs _ SA SB SC [3 ]3 o

2. Tinh ty s0: =—
Vs SM SN SP 8

2

II. MAT CAU

Bai 1: C6 bao nhiéu mit cdu di qua mot dudng tron cho trude? Tim quy tich
tdm céc mat cau d6?

Bai 2: C6 bao nhiéu mat cdu cling ti€p xtic v6i ba canh clia mot tam gidc.
Tim quy tich tam cdc mat cau dé.

Bai 3: Cho chép i gide déu S. ABCD canh day 14 a, canh bén 1a 2a.

Xdc dinh tam va tinh ban kinh mat cdu ngoai ti€p hinh chép

Bai 4: Cho hinh chép chit nhat ABCD. AB'C'D' canh AB=m, AD=n,

AA'=p.

CMR: T4m dinh chia hinh hop cling ndm trén mot matcau;

Tinh b4n kinh cia mat cdu dé.

Bai 5: Cho tit dién OABC vuong tai O; OA=a,0B=b,0C=c.

Xd4c dinh tam va ban kinh clia mit ciu ngoai ti€p t dien.

Bai 6: Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh thang vudng tai A, B

SAL(ABC); AB=BC=1/2AD = a; SA = a.
13
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Tim tam v tinh bén kinh mat cAu ngoai ti€p hinh chép S. CDI (v6i I la trung
diém ctia AD).

Bai 7: Mot hinh tit dién ¢6 céc canh d6i bang nhau. Chiing minh rang tAm
mit cAu ngoai ti€p tu dién chinh 12 trong tam cua ti di¢n.

Bai 8: Cho hinh chép S. ABCD c6 ddy ABCD la hinh chit nhat va SAL
(ABC); M, N, P 14n luot 1a hinh chiéu cta A trén SB, SC, SD.

a) CMR: A, M, N, P déng phang.

b) CMR: Bay diém A, B, C, D, M, N, P cling nim trén mot mat cau.

Bii 9: Trong mat phéng (P) cho hai diém A, B. Trén dudng vuong géc véi
mit (P) tai A 14y C sao cho AB=AC=a.

a) CMR: C6 mot mit cdu (S) di qua C va ti€p xtc v6i (P) tai B.

b) Xdc dinh tam va tinh ban kinh cta (S)

Bai 10: Trén nra dudng tron dudng kinh AB = 2R 14y diém C bét ky. Tu C
ké CH L AB (H thutc doan AB), I 12 trung diém CH. Trén tia Ix vuong goc v6i mat
phéing (ABCO tai 1 14y diém S sao cho ASB =90’

a) CMR: A ABC = A ABS

b) CMR: Khi C chay trén nita dudng tron da cho thi mat cdu ngoai tiép t
dién SABI chay trén dudng thing c6 dinh.

¢) Cho AH = x. Tim tam va tinh bén kinh ctia mat cau SABL

1II. GIOI TIEU MOT SO PE THI PAI HQC(1997 - 2000)
Bai 1: Trong mat phéng (P) cho hinh vuéng ABCD canh a ¢6 tam O. Trén
céc nita dudng thing Ax, Cy vuong géc véi (P) va & vé cling mot phia doéi véi (P)
14y 14n luot hai diém M, N. Bat AM =x,CN =y.
a) Tinh do dai MN. Tir d6 ching minh rang diéu kién 4t ¢6 va dl dé tam
2

gidc OMN vuong tai O la xy = 22-
b) Gia dinh M, N thay déi sao cho tam gidc OMN vuéng tai O. Tinh thé tich
3
ttt dien BDMN. X4c dinh x, y dé thé tich t dién nay bang "T

Bai 2: Cho hinh vuong ABCD canh bang a. Goi I la trung diém AB. Qua I
dung dudng vuong géc v6i mit phang (ABC) va trén d6 14y diém S sao cho

SI= avf3.

a) Chiing minh rang tam gidc SAD la tam gidc vuong.

b) Tinh thé tich khoi chép SACD 16i suy ra khoang céch tir C dén mat phing

SAD).

( Bai 3: Cho hinh hop chit nhat ABCD ABCD' va diém M trén canh AD. Mat
phéng (A'BM) cit dudng chéo AC' va hinh hop tai diém H.

14
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a) Chung minh rang khi M thay d6i trén canh AD thi duong thang MH cit
dudng thang A'B tai mot diém c6 dinh.

b) Tinh ty s6 thé tich cla hai khéi da dién tao bdi mat phing (A'BM) cit
hinh hop trong truong hop M 1a trung diém cha canh AD.

c) Gia dinh AA' = AB va MB vuéng goc véi AC. Chu‘ng minh rang mat
phang (A'BM) vuéng géc v6i AC' va diém H 12 truc tAm clia tam gidac A'BM.

Bai 4: Cho hinh chép SABC, SA =x, BC =y, cdc canh con lai déu bing 1.

a) Tinh thé tich kh6i chép theo X, y.

b) V6i x, y nao thi thé tich khéi chép 16n nhit?

Bai 5: Cho hinh vuong ABCD canh 2a. Trén dudng thang (d) qua trung diém
I chia canh AB va vuong géc v6i mat phang (ABCD) 14y diém E sao cho IE = a.M Ia
diém thay d6i trén canh AB, ha EH L CM. PatBM =x.

a) Ching minh rang diém H di dong trén mot dudng tron. Tinh do dai IH.

b) Goi J 1a trung diém clia doan CE. Tinh do dai JM va tim gi4 tri bé nhét
cua JM.

Bai 6: Trén ba canh Ox, Oy, Oz cua tam dién ba g6c vuong Oxyz ta lan luot
14y céc diém A, B, C v6i OA =a, OB=b, OC =c (a, b, ¢ > 0). Goi H Ia hinh chiéu
ctia O xuéng miit phing (ABC).

a) Ching minh ring tam gidc ABC c6 cdc géc déu nhon va H 1a tryc tam ca
tam gidc ABC.

b) Ch]'mg mlnh rang SAHC = S(z)AB + S;HC i OA(

c) Goi M, N, P 14n luot 1a trung diém clia AB, BC, CA. Chiing minh réng
bon mat clia t dién OMNP 1a céc tam gidc bang nhau. Tinh thé tich tit dién OMNP
theo a, b, c.

d) Gia dinh a, b, ¢ thay d8i nhung lu6n luén thdéa man diéu kién a> + b* + ¢?
=k, v6i k > 0 cho truge. Khi nao thi tam gidc ABC c6 dién tich 16n nhit? Chiing
minh ring khi d6 doan OH ciing c6 d¢ dai 16n nhét.

Bai 7: Cho hinh chép SABCD c6 ddy ABCD la hinh vuéng canh a, canh bén
SA =h va SA 1 (ABCD), M 12 mot diém thay déi trén canh CD. Dat Cm = x.

a) Ha SH 1 BM. Tinh SH theo a, h va x.

b) Xdc dinh vi tri ciia M dé thé tich tt dién SABH dat gi4 tri 16n nhat va tinh
gid tri 16n nhét dé.

Bai 8: Cho géc tam dién ba g6c vuong Oxyz. Trén Ox, Oy, Oz lan lugt ldy
cac diém A, B, C.

a) Hay tinh khoang cdch tir 0 dén mét phang (ABC) theo OA =a, OB = b,
OC=¢c,

b) Gia dinh diém A c¢6 dinh con B va C thay d6i nhu’ng luon thoa mén: OB +
OC = OA. Hiy xéc dinh vi trf ctia B va C sao cho thé tich tit diégn OABC la 16n
nhat. Chiing minh ring khi d6 bén kinh mat cdu ngoai ti€p ti dién OABC lai la bé

nhit.
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Bai 9: Tinh thé tich t¢ dien ABCD biét AB=a, AC=AD-BC=BD=a.J3

Bai 10: Trén nita dudng tron dudng kinh AB = 2R ldy mot diém C tuy y.
Dung CH vuéng géc véi AB (H thude doan AB) va goi I 1a trung diém CH. Trén
nita dudng thang IT vudng géc véi mat phang (ABC) tai I 18y diém S sao cho géc £
ASB =90°.

a) Ching minh ring tam gidc SHC 1 tam gidc déu.

b) Bt AH = h. Tinh thé tich V clia tif dién SABC theo h va R.

IV.GIOI THIEU MOT SO DE THI PH GAN DAY
Bai 1 (Khdi A,A 1-2014). Cho hinh chép S.ABCD c6 d4y 1a hinh vudng canh a

;S0 = 3?'& , hinh chiéu vudng gbc ciia S trén (ABCD) 14 trung diém cta canh

AB.Tinh theo a thé tich khéi chop S.ABCD va khoang cach tir A dén mit phéng
(SBD).

Bai 2 (Khéi B-2014). Cho ling tru tam gidc ABC.A’B’C’ ¢6 day la tam gidc déu
canh a. Hinh chiéu vuéng géc cta A’ trén (ABC) 1a trung diém cta canh AB.Géc
gifta dt A’C va mit day bing 60°.Tinh thé tich khoi lang tru va khoang cach tir
diém B dén mp(ACC’A”)

Bai 3 (Khdi D-2014). Cho hinh chép S.ABC c6 ddy ABC la tam giac vudng cén
tai A,mit bén SBC la tam giac déu canh a va mit phing (SBC) vudng géc v6i mit
dy.Tinh thé tich khdi chép S.ABC va khoang cach giita hai duong thang SA, BC.
Bai 4 (Khdi A,A1-2013). Cho hinh chép S.ABC c6 déy 1a tam giac vudng tai A va
g6c ABC =30°. Tam giac SBC déu canh a va mit bén (SBC) vudng gbc vai day .
Tinh theo a thé tich khéi chép S.ABC va tinh khoang cach tir C dén mit phang
(SAB).

Bai 5 (Khdi B-20103). Cho hinh chép S.ABCD c6 déay 1a hinh vudéng canh a , méat
bén (SAB) la tam gidc ddu va vuéng géc voi mit phing day . Tinh theo a thé tich
khéi chép S.ABCD va tinh khoang cach tir A dén mt phing (SCD) .

Bai 6 (Khbi D-2013). Cho hinh chép S.ABCD c6 day 1 hinh thoi canh a , canh
bén SA vudng gbc v6i mit phing ddy, goc BAD =120° , M la trung diém cia BC,
gbc SMA =45°, Tinh theo a thé tich khéi chép S.ABCD va khoang céch tir diém D
dén mat phiang (SBC) .

Bai 7 (Khdi A-2012). Cho hinh chép S.ABC c6 day 1a tam giac déu canh a . hinh
chiéu vudng goc cua S trén mit phing (ABC) la diém H thudc canh AB sao cho
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HA =2HB,, géc giita dudng thing SC va mit phéng (ABC) bing 60° . Tinh thé
tich khéi chép S.ABC va tinh khoang céch giita hai duong thing SA va BC theo a
o

Bai 8 (Khéi B-2012). Cho hinh chop tam gidc déu S.ABC vdi SA = 22 ,AB=a.
Goi H 12 hinh chiéy vudng goc ctia A trén SC . Chimg minh SC vuéng goc voi mat
phing (ABH) . Tinh thé tich khdi chép S.ABH theo a |

Bai 9 (Khéi D-2012). Cho hinh hép ding ABCD.A’B’C’D’ ¢4 day 1ahinh vuéng
, tam gidc A’AC vudng can, A’C = a. Tinh thé tich khéi tir dién ABB’C’ va
khoang céch tir diém A dén mét phang (BCD’) theo a..

Bai 10 (Khéi A-2011). Cho hinh chép S.ABC ¢6 day ABC 14 tam gidc vudng can
tai B, AB=BC =2a, haj mit phing (SAB) va (SAC) ciing vudng goc véi mit
phfmg (ABC). Goi M Ia trung diém cua AB , mit phfmg qua SM va song song véi
BC cit AC tai N . Biét géc gitta hai mit phang (SBC) va (ABC) bing 60° . Tinh
thé tich khéi chép S.BCNM va khodang cach gifta hai duong thing AB va SN theo a

Bai 11 (Khdi B-2011). Cho ling try ABCD.A,B,C D, ¢6 ddy ABCD I3 hinh chit
nhit, AB=a, AD=a+/3 . Hinh chiéu vudng géc cia diém A, trén mit phéng
(ABCD) tring véi giao didm ctia AC va BD . Goc gitra hai mat phang (ADD,A,)
va (ABCD) bing 60° . Tinh thé tich khé;i lang tru da cho va khoang cach tir diém
B, dén mat phing (ABD) theo a .

Bai 12 (Khéi D-2011). Cho hinh chép S.ABC c6 day ABC Ia tam gidc vuodng tai
B,BA=3a,BC=4a, mit phing (SBC) vudng géec véi mit phing (ABC) . Biét
SB = 243 va SBC =30°. Tinh thé tich khéj chép S.ABC va khoang céch tir diém
B dén mit phing (SAC) theo a .

Bai 13 (Khéi A-2010). Cho hinh chép S.ABCD c6 déy ABCD la hinh vudng canh
a.Goi M, N lin luot 1a trung diém cua céc canh AB, AD;Hla giao diém cua CN
va DM . Bict SH vudng géc véi mit phing (ABCD) va SH = a+/3 . Tinh thé tich
khéi chép S.CDNM va tinh khoang cach giita hai dudng thiang DM va SC theo a .
Bai 14 (Khéi B-2010). Cho hinh ling tru déu ABC.A’B’C’ ¢ AB — a ; gbc giita
hai m3t phing (A’BC) va (ABC) bing 60° . Tinh thé tich khéi lang tru da cho .
Bai 15 (Khéi D-2010). Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh
a, canh bén SA = a ; hinh chiéu vudng géc clia dinh S trén mit phing (ABCD) Ia
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diém H thudc doan AC ; 4z - 14(1 . Goi CM la dudng cao ctia tam giac SAC.

Chimg minh M 14 trung diém cta SA va tinh thé tich khéi tir dién SABC theo a .
Bai 16 (Khdi A-2009). Cho hinh ch6p S.ABCD c6 day ABCD 14 hinh thang vudng
talAvaiD AB=AD=2a:CD =2 ; g0c gilta hai mt phing (SBC) va (ABCD)
bang 60° . Goi I 1 trung didm cia canh AD , biét hai m3t phing (SBI) va (SCI)
cung vudng gée véi mt phing (ABCD) Tinh theo a thd tich khdi chop S.ABCD .
Bai 17 (Khoi B-2009). Cho lang try tam gide ABC.A’B’C’ c6 BB’ =a, géc giita
BB’va mt phing ABC bing 60°, tam gidc ABC vudng tai C va BAC =60°. Hinh
chiéu vuong goc ctia B’ 1én mit phing (ABC) tring v6i trong tdm tam giac ABC.
Tinh thé tich t& dién A’ABC ?

Bai 18 (Khéi D-2009).Cho lang try dimg ABC.A'B'C' ¢6 day ABC la tam giac
vudng tai BAB=a; AA’=2a; A’C=3a. Goi M la trung diém cia doan A’C’ | 1
la giao diém ctia AM va A’C . Tinh theo a thé tich khéi ttr dién JABC va khoang
cach tlr diém A dén mit phing (IBC).

Bii 19 (Khoi A-2008).Cho lang tru tam gidc ABC.A'B'C' ¢6 db dai canh bén bang
2a Day ABC la tam giéc vudng tai A , AB=a; AC = a3 va hinh chiéy vudng
goc cua A’ trén (ABC) Ia trung diém ctia canh BC. Tinh theo a thé tich khdi chép
A’.ABC va tinh ¢dsin clia géc giita hai duong thfmg AA’vaB’ C’

Bai 20 (Khdi B-2008). Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh vudng canh
2a

SA=a;SB= a3 vamit phing (SAB) vudng géc v6i mit phiang day . Goi M,
N lan luot I trung diém ciia AB , BC . Tinh theo a thé tich khéi chép S.BMDN va
tinh cOsin clia goc giita hai dudong thing SM, DN .

Bai 21 (Khdi D-2008).Cho lang tru ding ABC.A'B'C' ¢6 ddy ABC la tam giac
vudng AB =BC = a, canh bén AA’ = g+/2 .Goi M la trung diém cuia canh BC.Tinh
theo a thé tich cua khéi lang tru ABC.A'B'C' va khoang céch gitra hai dudng thing
AM,B’C.

Bai 22 (Khdi A-2007). Cho hinh chép S.ABC biét géc giita hai mit phing (SBC)
vd (ABC) bing 60° , ABC va SBC la céc tam gidc déu canh a . Tinh theo a khoang
cch tir dinh B dén mit phing (SAC) .

Bai 23 (Khéi B-2007). Cho hinh chép tir gidc déu S.ABCD c6 day 1a hinh vuéng
canh a . Goi E 1a diém dbi xung cia D qua trung diém cua SA, M 1a trung diém
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cua AE , N 14 trung diém ctia BC . Chiing minh ring MN vudng goéc v6i BD va
tinh theo a khoang cach giita hai dudng thang MN va AC . |

Bai 24 (Khéi D-2007). Cho hinh chop S.ABCD ¢6 day la hinh thang

ABC=BAD =9(°,

BA=BC=a, AD=2a. Canh bén SA vudng goc véi day va SA=av/?2 . Goi H Ia
hinh chiéu cta A trén SB .Chirng minh tam gidc SCD vuéng va tinh theo a khoang
cach tir H dén mit phing (SCD).

Bai 25 (Khéi B-2006).Cho hinh chop S.ABCD ¢4 ddy ABCD Ia hinh chit nhat véi
AB=a ;AD=a\/2 ; SA =a va SA vudng goc v&i mat phing (ABCD) . Goi M,
N I4n luot 14 trung didm ctia AD va SC : I 14 giao diém ctia BM va AC . Chimg
minh ring mit phing (SAC)vudng goc v6i mit phang (SMB) . Tinh thé tich cta
khoi tir dién ANIB .

Bai 26 (Khi D-2006). Cho hinh chop tam gidc S.ABC c6 day ABC 1a tam giac
déucanha SA =2a va SA vudng gdc v6i phing (ABC) .Goi M , N 1an luot I3 hinh
chiéu vudng goc clia A trén céc dudng thing SB, SC . Tinh thé tich cta khéi chop
A.BCNM .

Bii 27 (Khéi B-2004).Cho hinh chép tir gidc déu S.ABCD c6 canh d4y bang a ;
goc gifra canh bén va mit day bang ¢ (00 <p< 900) . Tinh tan cta gdc gifta hai
mit phing (SAB) va (ABCD) theo ¢ . Tinh thé tich khé; chép S. ABCD theo a va
Q.
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TAI LIEU ON THI | 2016

Chuyén dé : St dung mdy tinh cim tay dé giai phwong trinh, bat phwong

trinh va hé phwong trinh ( May tinh : Casio fx 570vn plus hoac vinacal )
Chu y : Vi hdu hét cdc em hoc sinh da biét siy dung cdc chikc ndng co ban ciia

mdy tinh, nén trong chuyén ds nay chiing téi chi tdp trung gioi thiéu cdc ki thudt

St dung mdy tinh cm tay dé gidi phurong trinh, hé phwong trinh va bdt phuong

trinh.

Mét s6 phim chirc ning quan trong :

Phim SHIFT c¢6 mau gach né cé chirc nang goi cac chirc ning c6 cung mau nhw

phim SETUP, SOLVE, %, 3, nPr, ncr,...

Phim ALPHA cé mau dé dung dé goi cac chirc ning c6 mau do ( thuong ding
dé goi cac bién nhé AB,CD,EF XY M...
Cac phwong thirc tinh toan thwong sir dung :

Phwong thirc sir dung Cach goi N
Tinh to4n chung MODE 1 (COMP)
Tinh toén s6 phirc MODE 2 (CMPLX)
Gidi hé va phwong trinh MODE 5 (EQN)
Bang gid tri ctia ham sé MODE 7 (TABLE)
Vecto MODE 8 (VECTOR)
| Gidi b4t phwrong trinh MODE V(INEQ)

Thiét 1ap cdu hinh mét s phwong thirc thworng diing

Bam : SHIFT SETUP

1, 2: Chirc ndng hién thi két qua tinh to4n

3,4,5 : Don vi d9, radian, don vi géc grad : thé hién don vi nhép va két qué hién
thi,

V3 : CMPLX : ché& d hién thi s8 phirc dang thuong va dang toa d cuec.

V 5 :TABLE : ché& dd bang danh cho 1 ham s8 ho3c 2 ham s ( théng thudng ta
chi dang 1 ham nén ta chon ch& d6 1 : f(x) ).

Phén 1 : Xdc dinh sé nghiém ciia phwong trinh .

VD1: Giai phwong trinh : x* +5x+5-/7x+5 = (x + 3V5x+2

Dinh hwéng : Str dung chitc ning SOLVE

Budc 1 : Nhap biéu thitc X*+5X +5-7X +5 — (X+3)5X +2

Budc 2 : bam SHIFT SOLVE ( for X=0) ta dwoc nghiém X=-0,302775637

Lwu nghiém : SHIFT STO A ( Ans — 4 )

X 45X 45— \/7§+Z—(X+ 35X +2 ,tiép tuc bdm SOLVE (
for A= gia tri nghiém A sé ty hién, for X =5) ta dwoc nghiém X= 3,302775638)

Buéc 3 : nhip
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Budc 4 : nhép X2 +5X+5-J7X+5 —(X+3)V/5X +2
(X - 4)(X -B)

for A= gi4 tri nghiém A sé& tw hién, for B = gi4 trj B s& tw hién, for X =5) ta duorc

CAN'T SOLVE

Dén day c6 thé tam két luén 2 nghiém la 2 gid tri trén. Tuy nhién trong nhiéu

bai todn cic nghiém trén c6 thé 13 nghiém boi 2 hodc bdi 3 va con c6 thé c6

nghiém khac, cach kiém tra s& da cdp & phan 2.

Dén day cach xtr Iy nhw sau :

Tanh@p: 74+5 nhidn=ta dwoc gid tri 1,697224362 nhan thiy = A +2
V54+2 nhdn = ta dwoc gi4 tri 06972243623 nhan thiy = A +1

, tiép tuc bdm SOLVE (

Baigidi: x* +5x+5-v7x+5 = (x +3)\/5x + 2
<:>(x+3)(\/5x+2—x—l)+(\/7x+5—x—2)=0

+3 1 ,
Q(xz-3x—1)(\/ﬁ+x+l+m+x+2)=o ( bidu thike trong luén >0

voi ditu kién x>—1§- )

3413

2
Chiiy : Cach tim méi lién quan : 74+5=A4+2 6 thé tim nhw sau ;
Ta da lvu nghiém vao A, ding MODE 7 TABLE ,Mhdp f(X)=7A+5-AX
voi START ? -5, END? 5, STEP? 0,5. Nhin vao bang ta thdy véi X=1 thi f(X)=2,
haytacd V7A+5-A=2=74+5=4+2
VD2. Gidi phwong trinh 2x* —3x* —x* ~7x-3=0
( Vi du nay rdt quan trong vi néu trong chwong trinh phé théng phwong trinh
chiva cdn cdc em binh phwong hai vé ta nhdn dwoc phwong trinh béc 4 khi dé ta
hdu nhw déu gidi dwoc theo cdch nay).

Dinh hwéng :

Budc 1: Ta dung chirc ning TABLE : MODE 7 dé cb lap khodng chira nghiém.
Nhap : f(X)=2X*-3X’-X*-7X -3 , bAm =, START? B4m -5 , END? Bam 5,
STEP? Bdm 0,5 ( céc s liéu nay tiy vao phuwong trinh c6 thé chon nhé di hoic
16n 1€n).

Dwa vao bang ta thiy tai gia tri X =-0,5 thi f(X)=0,75 con tai X=0 thi f(X) = -3,
suy ra f(x)= 0 c6 nghiém trong (-0,5;0), twong ty ta thdy f(x)=0 c6 nghiém
trong khodng (2;2,5).

Budc 2 : ta chuyén vé MODE 1 d& tinh to4n théng thwong

255 < Bp=1=lespe
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Nh@p biéu thirc 2X" -3X° — X ~7.X -3 sau d6 b4m SHIFT SOLVE for X =0 (dé
ta 1dy nghiém trong khodng (-0,5;0)) ta dwoc nghiém -0,414213562 , ta gan
vao bién A bang cach nh4n : SHIFT STO A ta thdy : Ans — A. Tiép tuc nhap lai
biéu thirc va SOLVE nghiém trong khodng (2;2,5) ta dwoc nghiém
2,414213562 ta gan vao bién B.
Ta thdy A+B =2 va A.B=-1 suy ra A,B Ia nghiém ciia phuwong trinh x* -2x-1,
vay phuong trinh trén phan tich thanh :
(x* =2x-1)(2x* +x+3)=0 tir diy suy ra 2 nghiém1a x=1++/2 .

Trén ddy la 2 cdch thwong dung dé quét cdc nghiém ciia cdc phwong trinh vé ty,.
Phén 2 : Phdn biét nghiém don, nghiém kép va nghiém boi 3.
1. Nghiém don :
VD3 : Giai phwong trinh x” +4x” + x+3=2x*\x+5 ++/2x+13 (¥)

(dé thi thir dot 1 trworng Nguyén Thi Minh Khai 201 6).
Dinh hwdng : ta diing chitc ning table v solve nghiém ta thdy c6 1 nghiém x =
0,828427124, ta gn vao A.
Ta xem nghiém trén c6 1a nghiém bdi khong bing cach tinh :

%(f +4x" +x+3-2x"Vx +5-2x+13)| : néu két qua khac 0 thi két ludn

x=A
la nghiém 18, két qua bing 0 thi ta két ludn 1a nghiém bbi. Trong bai to4n nay ta
thdy d6 12 nghiém 1&. Ta tinh : 2JA4+5 = 4,828427124 = A+d  vi
V2x+13 =3,828427125 =A+3
Bai gidi :x*(x+4-2vx+5)+(x+3—+/2x+13)=0
x*(x* +4x-4) x*+4x -4 B
X+4+42Ux+5  x+3+2x+13
o 1
+ )=
X+442Ux+5 x+3+2x+13
ViVT clia (*) 20 suy ra x* + 4x> +x+320=> (x+4) (x> +1D)>0=>x>—4
x? 1
x+4+2x+5 +x+3+\/2x+13 g
(M) x +4x-4=0 x=-2+2/2(do x>-4)
VD4 : Giai phwong trinh 5x° —22x* +22x—6++/4x -3 =0
Dinh hwdng : Dung chic nang SOLVE hojc TABLE ta dwoc 2 nghiémx =1vax
= 3, ta thir va thdy day 13 nghiém don va do d6 ta cé nhan tir chung ctia
phuong trinh trén 13 biéu thirc : x* —4x+3 . Do d6 ta di xtt Iy v4x—3 = ax+5

@(xz +4x—4)(

— 0
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Dinh hwdng : Dung chirc nang SOLVE ta dwgc nghiém : x = 1,618033961, lru

nghiém vao A.

Tanhdp biéu thirc X* +3X +2 - XX +1—(X+ 13X 2

CALC véi gid trix = A + 0,00001 ta nh4n duoc 2,666.10™" , tiép tuc CALC véi

gia tri x = A -0,00001 ta duwoc 4,0006.107"" . Vay ta thdy 2 gid tri dwoc tinh

nhan gid trj cing d4u nén nghiém da lwu 1a nghiém boi 2.

Ta tinh : VA+1= 1,618033675 twong tng véi A : vdy ta c6 cach ghép

(x—\[JZI-_l)2 , Con véi V3442 =2,618033407 twong ng véi A + 1, Vay ta c6

cach ghép : (x+1—M)2 ( & day ta viét binh phuong vi nghiém A 13

nghiém boi 2 nén phdi cé nhan ti chungla (x - A)*)

Bai gidi :

Nhén 2 vao 2 vé cta pt tacé :

2% +6x+4=2xx+1+2(x+1)3x+2

(67 =220 +1 4+ x+ 1) +[(x+ 1)? —2(x+DV3x+2 +3x+2]=0

S (x=Vx+1)? + (x+1-3x+2)* =0

@{m:x @{xzo o 1445
\/3x—+2=x+1 X' =x-1=0 2

3. Nghiém béi 3.

VD7. Gidi phwong trinh x° — 2x% + 3% = \/2(x3 +x* —x+1)

Dinh hwéng : Ding chirc nén SOLVE ta tim dwoc nghiémx =1,

Str diing i—(ﬁ —2x% +3x—2(* + X% — x + 1))] =0, suyrax=11a nghiém boi.

x=1

Ta kiém tra xe boi 2 hay 3. Nhap biéu thiic x° — 2x2 + 3x \/2(x3 +x*—x+1)
CALC v6i gid tri x = 1 + 0,0001 ta dwoc 1,5.10™ | CALC v&i gidtrix=1-
0,0001 ta duwoc gia tri ~1,5.10™" , vay 2 gi4 trj nhan dwoc 13 trdi ddu nén
nghiém trén Ia bdi 3. Hay nhan tt chungla (x—1) = x* = 3x% + 3x — |
Badi gidi :
(¢ =32 +3x = 1) + (2 + 1= /2( + x2 —x +1) = 0

(x=1’(x+1) ~0
X 4144205 + 2% —x +1)

(x+1)

X +l+\/2(x3 +x% —x+1)

< (x-1) +

< (x=-111+ )=0< x=1
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VD8. Gidi phuong trinh 2x* +3=+/x* + 2x? +1+/x° + 4x° + 4 (*)
Dinh hwéng : Dung SOLVE ta dwoc 2 nghiém la x= 0 va x=1,
Khdo sat nghi¢ém don va béi ta thiy x= 0 boi 3, x=1 13 nghiém don.
Vdy : Nhan tir chungla x*(x-1)=x* - x*
Khid6: vx' +2x* +1=ax® + bx +¢
(thay x=0suyrac=1,daoham cdp 2 tai x= 0 ta dwoc a= 1, thay x= 1 ta dwoc
b=0).Vay vx* +2x* +1=x? +1
Twongtw: x' +4x*+4=x>+2
Bai gidi : bk
(x* +1=+/x° +2x2 + 1)+ (x5 +2—x® + 452 +4)=0

x*(x=1) x*(x-1)

+ =0
PHINE 422 +1 22 4+24x + 452 + 4
< X (x-1)( ! + 1
PHIAVE 4200 +]1 22424 + 45 1 4

Phdn 3 : Ditng mdy tinh dé tim méi lién hé x,y trong hé phwong trinh.

=

=0

)=0 <:>[x_
xy+x+y=x> -2y
X2y —pVx-1=2x-2y

Dinh hwong : Tl xy+x+y=x" -2y’

ChoY = 100, ta nhap vao mdy phuwong trinh : 100X + X +100 = X2 — 2.100°
bdm SOLVE nghiém ta dwoc X = -100. Ta nhan thdy x + y =0 nén ta s& c6 NTC 13
X+y

Baigidi: xy+x+y=x"-2y" © x(x+y)+x+y=2(x" - ?)
S+Hy)(x-2y-1)=0

Phén con lai cac em tu xir Iy

VD9 Giai hé {

xz—y2+5x—y+6:0

2x2—2xy+y2—2:\/6x+7 +2{x+y+1

Dinh huéng : Tir x* - ) +5x— y+6=0

Cho Y = 100 ta nhap phuwong trinh : X* 100> +5X —100+ 6 Bim SOLVE
nghiém ta dwoc X= 98 hodc X=-103

Tanhén thdy NTCla: x—y+2 hodc x+ y+3

Bai gidi :
x2—y2+5x—y+6=0<:>x(x—y+2)+y(x—y+2)+3(x—y+2)=0
Sx-y+2)(x+y+3)=0

VD10 Giai hé {

Trwong THPT Nguyen Thi Minh Khai 6



TAI LIEU ON THI | 2016

Phan con lai cac em tu xir 1.
x* =2y +3(x—-2y)=3xp(x-y)
2x° = (1+4y - 3x)2x +1
Dinh hwéng : T x° - 2y° +3(x - 2y) = 3xp(x - y)
Cho Y =100, ta nhap phwong trinh X° -2.100° + 3(X-200)-300X(X~100)
bdm SOLVE ta dwgc X=200. Hay duv do4n NTC 14 x - 2y.
Bai gidi :
¥ 2y +3(x-2y)=3xp(x - y)
< (x°-2x%y) - (x*y —2x%) + (x* =2y")+3(x - 2y)=0

VD11. Gii hé{

<:>(x—-2y)(x2—xy+y2+3)=0 Sx=2y
2(y3+2y-—x—1)=y2(x+1)

VD12 Giai hé{
XX 42y +x+1+4y+x+1=0

Dinh hwéng : Tir 2(y° +2y —x~1)= y*(x +1)

Cho Y= 100, ta nhap biéu thirc 2(100° +200 - X —1)~100°(X +1) b4m SOLVE ta

dwoc X=199, Dy dodn NTC 14 : x=2y-1

Bdi gidi : 2(y’ +2y—-x-1)=y*(x+1)

S Y (x -2y +1)+2(x-2y+1)=0

<:>(x—2y+l)(y2+2)=0<:>x=2y—-l
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+b=1
Thay x = 1 va x =3 ta dwoc ha { Sa=1b=0.
3a+b=3

vdy nhan t& cda cin I3 ; x —/4x -3
Bai gidi : (5x° - 22x* +23x — 6) — (x — /4% — 3)=0

1
S —dx+3)(5x—2——— 2 =0
X x+\/4x—3)

2— - — —
<:}(xz__4x+3)(5x 2x=1+(5x—-2)/4x 3):0
X++4x -3
2_ - = —_—
(Vix>§:>5x—2>0;5x2_2x_1>0:>5x 2x—1+(5x 2)m

X++4x-3

>0)

Spsly=s

2. Nghiém kép

VDS : Gidi phwong trinh : x° - 2x* + 4x—1=/4x—3 + 337 — 2

Dbinh hwéng : Dung chitc ndng solve nghiém ta dwoc nghiém x = 1.

Dung %(x3—2x2+4x—1—\/4x-3—%/3)6—2) =

x=I
Suy rax = 1 la nghiém béi . Ta s& kiém tra xem day 1a boi 2 hay boi 3 bang cach
nhu sau : ta nhap bidu thirc x* —2x* +4x —1-/4x—3 — 3% — 2 vi nhén CALC
voigidtri 1al+0,00001 ta dwoc 4.10™ , tiép tuc CALC véi gid tri 1 -0,00001
ta dwoc 4.10™° tirc hai gia tri nay ciing d4u thi ta nhan xét ddy 1a nghiém boi
chan. Trong chuong trinh phg thong thi nghiém bgi chin ta chi xét dén bac 2.
Vay nhén t chung sé 13 : (x - 1)

Cachxtlylién hop: V4x -3 =ax+5 (™)
Trong do : a=%(«4x—3) =2,thayx=1vao (*)tadwoc a+b=1 = bh=—]
x=1

Vay s/-fbc——3=2x—-1TucmgtL_r: Px-2=x
Badi gidi :
x3—2x2+x+(2x—1—J4_xTB)+(x—{/§—_2)=O
4(x-1) - (x=1P*(x+2) _
2x —1++/4x-3 % = x3x-2+@Bx-2)
2 4 (x+2)
= (x+2x—1+\/m T e +(\3/3x—2)2):0
<o x=1
VD6. Gidi phwong trinh x +3x+2=x/x+1 + (x+13x+ 2

< x(x-1)° +
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